If A is a finite rank torson free abelian group, pick a free abelian subgroup F such that A/F is torsion. The spectrum (spec A) is the set of primes p such that the p-primary component of A/F is infinite [14, p. 167] . If N is a torsion free finite rank nilpotent group, Spec (N) is defined to be the union of the spectrum of the factors of the lower central series. We prove the THEOREM 
A. Let G be a torsion free group with normal subgroups N and H such that N is finite rank nilpotent, H/N is abelian, and [G: H] < <χ>. //char F = 0 and π(G/H) Π Spec (N) = 0, then F[G] has no zero divisors.
Theorem A is a generalization of the known result for polycyclic-by-finite groups [4] . The theorem for poly cyclic-by-finite groups is known in all characteristics [3] .
If one removes the condition that π(G/H) Π Spec N = 0, then the groups of Theorem A are precisely the solvable-by-finite subgroups of GL n {Q), Q the rationale [8, 9, 11] . Also these are the solvable-by-finite groups of finite cohomological dimension [7, p. 155] ,
The main tool needed to prove this result is a localization theorem which then allows one to apply the techniques of [4] to prove Theorem A.
Let N be a torsion free nilpotent group. Theorem B is a theorem of Brewer, Costa, and Lady when N is abelian [1] .
In §1, we deduce Theorem A from Theorem B. Theorem B is then proved in §2.
This paper is essentially a continuation of [4] . The reader should be familiar with that paper. 
The following is a slight generalization of Theorem 1 of [4] . By rank, we mean the reduced rank of a module [6] . LEMMA 
Let R be a Noetherian domain and A a prime ring containing R(same 1). Suppose A is a finite dimensional free module over R with a basis x u -, x n such that Rx t = XiR. If the global dimension of A is finite, then A is a domain if and only if for every finitely generated protective A-module P,
Proof. Suppose A is a domain. Let T be the nonzero elements of R. Since R is Noetherian, T is an Ore set. Since Rx t = x t R, T is also an Ore set for A. Since A is a domain, T~ιA is a division ring of dimension n over T^R. rank Λ (P) = Conversely, if T is not a domain, there must exist a left ideal / with 1 <; rank^ (I) < rank* (T) = n. We resolve I with finitely generated projectives:
Since the reduced rank is additive on short exact sequences [6] , we have rank Λ (/) = Σ*=o ( -1)* rank Λ (P,). Therefore n does not divide rank Λ (P<) for some i. 2* Localization* It is well known that if 72 is a commutative Noetherian ring and / is an ideal, then the /-adic completion R (i.e., the inverse limit lim R/I n ) is again Noetherian. It has been observed by many mathematicians [e.g., [10] ] that the usual commutative proof gives the following noncommutative proposition. PROPOSITION 
// / is an ideal of a ring R such that R/I is left Noetherian and I is generated by a finite number of elements of the center of R, then R is left Noetherian.

LEMMA 4. If R is a left Noetherian local ring and I is an ideal generated by central elements, then every left ideal of R is closed in the I-adic topology.
Proof. Since / is centrally generated, it satisfies the strong Artin-Rees property by Lemma 11.2.1 of [13] . The usual commutative proof then gives the result. LEMMA 
Let G be a subgroup of the torsion free nilpotent group N. If S = F[N] -ω(N) and T = F[G] -ω[G], then S-'FIN] is a faithfully flat extension of T~ιF\G\.
Proof. Since N is nilpotent, G is a subnormal subgroup of N. Since a faithfully flat extension of a faithfully flat extension is faithfully flat, it suffices to consider the case when G is a normal subgroup of N. Since G is normal, the proof of Lemma 13.3.5 of [13] implies T is an Ore set for Proof of Theorem B. We induct on the class of the nilpotent THE ZERO DIVISOR CONJECTURE FOR SOME SOLVABLE GROUPS 195 group N. When N is commutative, the result is a special case of a theorem of Brewer, Costa and Lady [1] .
In general, let Z be the center of N and A a finitely generated subgroup of Z such that Z/A is torsion. If char F = p > 0, we may assume that Z/A has no elements of order p. Let zeZ.
Pick n minimal with z* e A. 
